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H ovuvéyero 610 onpeio 6VGGAOPEVGS KOL 6TO LEROVOUEVE CT|HELN TOV
TEOLOV OPIGPOY HLOG GVVAPTNONG.

I'evucn} mapatipnon.

H wéa g ovvéyelag eivar «n dtotpnon g oLVEXELNG ,
NG «YPOUUNG» TNG YPAPIKNG TTapdotaons. ®élovue OnA. M
YPOQIKY TOPAGTOCT] TNG CLVAPTNONG VO UV TopoLcldlet
OlOKOTEC.

210 OmAavO OYNUO £XOVLUE TN YPOQEIKN TOPACTOCN NG

1
f(x)=—, x € (—90,0)U(0,+x). Edd «poivetam vo vrdpyet
X

acvvéyewn 6to 0, OU®G CLPP®VNoANE Vo UV e£eTAlovUE T
OLVEYELDL GE OMUElD TOL OEV OVIKOLV GTO TESIO OPIGHOV.
Enopévag dev tibetan 0épa cuvéyeiag oto 0. s
Ac Bewpnoovpe TOPO T GLVAPTNGN TOL  OUTAOVOV
, {xz, av X € [—2,2] . . ‘
oynpotog : f(x)= . To 3 givan pepovopévo
1,o0vx=3 s
onueio Tov mediov opopov. Oa deytovpe 6Tt N f etvan 1 2
ovveNg 6to 3 ;
Av 1 armdvimon eivan NAI, t6te mpémel va dDGOVUE TOVG
TOPOKATO OPICHOVG Kol vo  omodeifovue to mopokdte = = [0 @

Beopnuorta.

Opiopoi meproy®v onueimv.
Opiovpe Is(xo):(xo—é‘),xo+6) (mepoyn) tov x, pe axtiva & > 0) Emiong opilovpe

I5(x,) = (X0 =8,%X, ) U(Xy. X, +8) (meproxfi Tov X, pe axtiva § > 0 xwpic 10 X,).

Eivau mpogavés 0t x e Ii(x,) < [x—x,|<8 ka x el(x,) < 0<[x—x,[<3

Opiopog onueiov cvoocAOPELONS GLVOAOL A.

‘Eotow A c Rxar x, e R. To x, Aéyetou onueio cusompevong tov A otay :
(V8>0)[L(x,)nA=D].

Mepovouévo onpeiov Tov cuvorlov A.

‘Eotow A c Rxar x, € A. To x, eivan pepovopévo onpeio tov A otav dev etvar onpeio

6VeGMPELENG TOL A, dnh. (3 §>0) [I;(xo)mA * @].



Opwopog 1.
Ocwpovpe ) ovvdptnon f:A >R xar x, € A. H f Aéyeton ovveyng oto x, € A Otav :

(Ve>0)(38>0)(vVxeA) [ |x—x,|<8 = [f(x)-f(x,)|<¢]

MMopatypiosis.
(1). Zrtov opiopod Tov opiov :
lim f(x)=1 6tav (V&>0)(35>0)(VxeA) [0<[x—x,|]<d = [f(x)-1|<z]0

X%,
X, vo elvar onuelo ocvoompevong Tov mMEdIOL OPIGLOV, EVM GTOV OPIGHO NG
ocLVEYEG TO X, TpEmel va etvor onueio tov mediov opiopov, ywpic va eivor
amopoitnTo oNUEI0 CLGGOPEVONS TOV TTEGIOV OPIGHOYD.

(2).  Zrtov opioud tov opiov &govpe : 0 <|x - x0| <d, ONA.OEV EMTPETOVIE GTO X VO TAPEL
mV TN X,, EVO GTOV OPIGHO TNG GLVEXEWG TO X EMTPETETOL VO TAPEL KOL TNV TIUY
XO .

(3). Ztov opopd tov opilov eivar duvatdv 10 X, va pn Ppioketar oto medio opopod

(apxel va elvar onueio GLGGMOPEVLONG), EVAO GTOV OPIOUO TNG CLVEXEWS Elval
VIOYPEMTIKO TO X, VO AVIKEL 6TO TS0 OPIGHOD.

Opopog 2.
‘Eoto f:A—>R. Hf Aéyeton cvveyng O6tav eival cvuveyng oe 6Aa ta onueia Tov mediov
0opIGpHov NG A.

Opopog 3.
‘Eoto f: A —> R xou B < A. H f Aéyeton cuveyng oto B 6tav elvaun f / A givor cuveyngc.

Ozopnua 1. 'Eoto f: A > R xat X, € A onpueio suocmpevong tov nediov opiopod A. Tote
n f etvar cvveyng oto X, av kot povo av lim f(x) =f(x,)
(D). Ac voBécovpe 6T f givon cuvsxngcro X, €A.Tote:
(Ve>0)(38>0)(vVxeA) [ |x—x,|<8 = [f(x)—f(x,)|<&].
Tote BePaimg elvarl mpopaveg 0Tt 1oyHEL Kot
(Ve>0)(38>0)(VxeA) [ 0<[x—x,|<8 = [f(x)-f(x,)|<&], dni.
lim f(x) =f(x,)
(ID.  AgvmoBécovpe 6Tt lim f(x) =f(x,). Tote:
(Ve>0)(38>0)(VxeA) [ 0<[x—x,|<8 = [f(x)-f(x,)|<¢]
o x =x, égovue |f(x) - f(x0)| <¢. Emopévag :
(Ve>0)(38>0)(vVxeA) [|x—x,|<8 = [f(x)-f(x,)|<&].

Apan f etvar cuveyng oto. x, € A.



Ozopnua 2. Eoto f: A >R ko x, € A pepovopévo onueio tov mediov opiopov A. Tote
n f etvar cvuveyng oto X, .

Emeidn 1o X, eivan peovopévo. onpeio tov . opiopod A, tote (3 8> 0) [N;(xo) NA# @} .
Emopévog (x,—8,X, +8) NA ={x,}.

‘Eoto topa éva € > 0. Tote Yo 10 Tapamdveo O EYOVLE :

Av [x—x,|<8 , Baeivar x =x,, omote [f(x)—f(x,)|=0<E.

Apann f etvar cuveync oto X, .

Yrdpyer couPatdtnto petoéd e mopandve Bewmpioc kol e 0empioc Tov LIOPYEL GTO

2yoAxko ByBAio ;

210 XyxoAwo Biiio £yovpe tov €€NG opioud :

‘Eoto o suvdptnon f kot xg éva onueio tov mediov optopov ™. Oa Aéue 6t f eivor oto
Xo , Otav lim f(x)=1(x,).

Ouwmg 010 Zyolkd PiPrio avaeépetar pntd ot cerida 133 011 : «Zto enOpUEVA Kol GE OAN
mv éktaom tov Pipriov Ba acyoAnbovue pOVO pe cuVAPTNOELS TOL £YOLV TTEdIO OPICUOV
ot 1) EVEOOT SOGTNUATOVY.

Emopévac dev €govpe pepovouéva onpeia.

Emniong 6Aa ta onpeia tov mediov optopov ivor onueios cLGoOPELONG.

"Etot, pe Baon 1o Bevpnpa 1, o optopog 1 mov diveton mo méve tavtileton pe tov opiopd tov
Yyolkov BiAiov.



