I'avvng Paiing
Xyorkog Xvopfoviogc Madnpatikov Bopegiov Aryaiov

Xiog, karokaipt Tov 2016

AYZEIX TON AXKHXEQN THX XTEPEOMETPIAX TOY
YXXOAIKOY BIBAIOY THX B” AYKEIOY

AcKknegi mapaypaomyv 12.1. ko 12.2.

1/ Zyohkov / ogh. 259.

Tremodveln mapdyet pio gvbeia mov olcOaiver :

(D o€ 000 TapdAAnAeg evbeieg kat

(I)  og dvo Tepvopeveg gvBeieg, EKTOC TOL KOVOD TOVG oM UEIOV;
[Mati eEapodpe 10 Koo onpueio ;

(D. O evbeieg ¢, €, opilovv éva eminedo o, move oto omoio Ppiokovtal. Oswpovue v

evbeic { mov tépvel 1 g,&, ota A, B xm

oAcBaivel Tve 6 avtéc. Apov ta A, B glvat onpueia S A &1
. ; . &
TOV g, &, , 0a efvar kot onpeio Tov enmrédov 6. Apov
n € éyer dvo kowd onueia pe 10 6 (ta A, B), dpa B
o

Bpioketar oAdxkAnpn miveo oto 6. Emopéveg m §

Klvettol méve 6Tto eninedo G.
(II).  On evbeieg ¢, €, 0pilovv éva eninedo 6., MGve ©TO
omoio Ppiockovrtatl. Oewpovpe v gvbeia { mov TEUvVEL €
€
G 2
c. Apov 1 C €xel dvo kovd onpeia pe to o (ta A, B), dpa Bpioketar oAdKANpN Téve 61O
o. Enopévaocn € xwveiton téveo 610 ©.

6 €, €, ota A, B (mov ivon drapopetikd omd to M)
Kkat oMcbBaivel mhveo 6° avtég. Aoy ta A, B givan
onueia 1oV €, €,, Oa elvon ka1 onueio Tov enurédov

poOnpoTik.

2 / Xyolxkov / ogh. 259.
[Towog eivar 0 yewpeTpikdg 10m0g TV g1V TOL OpilovTon

o
amd 600 dlapopeTikd onpeia vog KHKAOD; A ¢
Avon
‘Eoto A, B dvo onpeia tov kdxkiov (c) (o onoiog BpickeTon B (©)

névo oto eninedo 6) Kou 1 €0gia £ mov opileTon amd ta A, B.
Eneon ta A, B eivon onpeia tov o, dpa n gvbeia  Bpiokerot Kot kveiton Tdveo 610 G.




3 / Xyohxkov / ogh. 259.
Atvovtot 600 tepvopeveg evubeieg € kat €' kat onueio A ektoc avtov. [og Ba eléyEovpe av to

onueio A etvon onpeio Tov emmédov (g, €') ;
4 / Zyohkod / 6l 259. /
T emodveln mapdyet pio evbeion Tov dEpyeTal amd yvwotd onueio A Kot tépvel vbeia €, Tov

dev mepéyel To onueio A.
Abon g
To onueio A xor m evbeia (¢) opilovv to emimedo (o). G
Onowodnmote gvbeia C;, Cp, {3 L O01pyetor amd 10 A Kot
o

tepvelt v () ota K, A, M L €xel pe to (6) dvo Kowd
onpeia (ta A, Kn &, ta A, AnG,ta A,Mn i L ), ondte
Bpioketar mdve 610 (6). Apa OAec avtég 01 evbeieg Ppiokovrat Tdve oto (0).

‘Ecto o 10 gninedo mov opiletar and tig evbeieg €, €' xar M 10
Kowo onueio tov g &. BOsopodue Vv evbeio AM.

Awkpivoope T1g €E1G TEPMTOGELS :
(D).  Av n evbeio AM eivan gvbeio Tov emmédov 6, toTE TO €
A ovnKel 6To G.
=
o

(Il).  Av n evbeio. AM dev eivan gvbeia Tov emmédov G, T0TE
70 A 3€V OVIKEL GTO G.

G &

poOnpoTik.

5 / Zyorwkov / ogh. 259.

[Toca enineda opiCovv tpia onpeio mov Ppiokovion otny 1010 gvOeiaL;

‘Eoto A, B, I' ta tpio ovvevbelokd onpeio kot (€) m gvubeia v otnv omoio Ppiokoviat.
Onowodnrote eninedo mepéyel ta A, B, I' Oa mepiéyet ko v (g). Apa otnv ovcia avalntodue
t0 gminedn Tov SEpyovTon amd TNV (€). Avtd givor dmepa.

AcKnegic mapaypdaeov 12.3.

1 Epntédomong / Lyolkov / ceh. 262.
Na «xotaokevdoete gvbeio mov OEpyetar omd otabepd
onpeio O kot tépvet 6vo otabepég achuPateg evbeieg

o’ _1pénog ‘Eotom €, { ot acOuParteg otabepéc evbeieg ko O
10 otabepd onpeio.

eninedo m = (0,e), 10 omoio mephapPaver v & (apov ta
onpeia O, B g & avikovv oto eninedo). Emiong to A eivan
onpeio tov .

ot0 A, Vv € ot0 B ka1 d€pyetar and to O. Oswpolpe t0 \



TEUVEL TO Tt G€ €val onueio A, dtapopetikd and 1o O (og avtifetn nepintmon 1o O Ba tavtiloTav
pe to A, dtomo).

Oewpovpe Vv gvbeion AO ToVL eMuEdOL T, M OTOLL TEUVEL TNV € GTO /

B. H gvbeia AB eivorn povadikm {nrovuevn gvbeia.

Agpeoynan : Av AO // g, 10t 10 TPOPANHQ dEV EYEL AVON. /
VVVVVVVVVVVVVVVV 4

onpeio O. Eoto 6 10 eninedo mov opileTon and v gvbeia € Kot to c

onpeio O. Ta enineda m kol 6 dev tavtiCovral (av tavtiloviav, 1ote B

ol g, ¢ Ba MTav ocvveninedeg, Aromo) Kot £govv kKowd 10 onueio O.

Enopéveg ta mt, o tépuvovion Katd tnv evbeio n mov diépyetal and to /

O. H n &ivor gvbeia tov @, dpa tépver v € oto A. H 1 eivan gvbeia
1OV G, apa TéuveL Vv € oto B, omdte N 1 eivo | {nrodpevn gvbeia..

\
A
O
/8'
HN

2 Epnédomong / Xyolkov / ogh. 262.

Atvovior  tpelg  evbeleg  acOuPatec  avd  ovo. Na ¢ n
KOTOOKELAGETE €VOEIN TOV VO TEUVEL KOLL TIG TPELS.
A |[B /

€
ot evbeieg C, M, og acOuPateg pe v €, TEUVOLV TO EMIMEDO g M
ota A, B, ta omoia elvat kot onpeio g €. T

€. Enedn] o1 {, n etvon acOpPateg mpog v €, Ba tépvovv to
eninedo m ota onueia A, B. Oswpodpe ™mv gvbeioc AB mov
Bpioketar v oto © (dpa ivor cvverinedn pe v €). 'Eoto 611 AB tépuvel Ty € 610 onueio
M. H evbeio ABM (tov v ovopdovpe &) eivar n {ntovpevn gvbeia.

Opwg vapyovv anepa enineda mov dEpyovTaL amd TNV €, dpa vIapyovv anelpes evbeiec AB ,
AiBi, ... And avtég T1g dmepeg gvbeieg povo o pmopel va gival mapdAAnAn pe v € (av Y.
AB // € xou AB,// €, tote B oy kKo AB // AjB; , omote ot AB, A1B; o 6pilav eninedo mhvo
ot0 onoio Ba Ppiockovrav ot , 1, dromo ywuti ot §, n eivon acOpupatec). Apa TEAMKA TO TPOPANLAL
&xel amepec AMHGELC.

3 Epnédmong / Xyorkov / 6262,
Atvovton kOkAog (¢), onueio A kot gvbeia (€) un ovvenineda. Na kotackevaotel evbeio (), N
omoia va 01EpyeToL amd To A Ko vo TEUVEL TOV KOKAO (¢) Ko Tnv gvbeia (€).
‘Eoto 6 10 eninedo ndvo oto omoio Bpioketar o kOKAOG (€) kal Tt To emimedo mwov opileton amd
v gvbeia € Kot to onueio A. Ta enineda m Kol 6 dev Tavtilovrot (o€ S1LPOPETIKY TEPITTOOT TO
(), A xou () Ba Ntav cvvernineda). Emopévag daxpivovpe Tic €ENG TEPUTTMOOEL :
(D).  m//o. Tote dev vmapyel Aoon.
(I).  Tom ko o dev eival mapdAinia, onote TEUVOVTAL Katd TNV €VBeia (C).

Awokpivovpe T1g €EMG LTOTEPUTTOGELS :



(Ily). H evbeia (§) kar o kOKAOG (¢) dev €xovv kowd onpeio (oynpo 3). Tote ovte o
KUKAOG (c) €xel kowvd onueio pe 1o eminedo m (o€ OPOPETIKN TEPIMTO®ON TO
Kowa onueio tov (¢) kot Tov 7 Bo avikav oty gvbeia C, mov givor dtomo).

Apa to TpOPANUHa deV EMOEXETAL ADO.

(IIg). H evbeia (§) xar o kOKAOG (c) €govv povo €va kowod onpeio I' (epdmrovror)

(oyMua 2). dépvovpe ) v gvbeia n mov cvvocet ta, I, A. Tote :

o Avn // g, 16t€ T0 TPOPANUO dEV EXEL ADOM.

e Av o1 gvbeieg n ko € tépvovrtal oto K, tote M gvbeia n amotehel Avon tov
wpofAnuaToc.

(IL). H evbeio () xar o kvkrog (c) £xovv 6vo kowd onpeia, ta I, A (oynua 1).
Oewpovpe T1g evbeieg I'A kot AA. Omow and avtég tépvel v (€) amoteiel Avon
tov mpofAnpatog. Emopévac Ba Exovpe gite pa eite dvo AVGELS, apov dev gival
duvatov va eivat Kat 01 dvo TAPAAANAESG LE TNV €.

o 3

4 Epnédmong / Xyolkov / ogh. 262.
Atvovtan ot tepvopeveg gvbeieg XOX' kot YO’ kat evbeia € acOpuPatn oe avtéc. Av M tuyaio

©éhovpe var Bpovpe ™y Topf) Tev emmédov m=(M,X,X') ka6 =(M,¥,¥’). [popavdg o T,
o dgv tavtilovtal (oe avtibetn mepintwon ot XOX', YOY’ Ba tav cuveninedes) kat 1o M givat
KOO oNUEID TOV EMITEI®V T KoL G.

H gvbeio XOX" &yetl pe to m dvo kowvd onpeia, ta X kot X . Apa n XOX™ Bpioketor téve o10 .
Enopévmg xat to O givar onpeio tov w. Opoing to O givar onueio tav 6. Apa to O givor Koo
oNUElo TOV EMITEI®V T KL G.

A@o? ta dwukekpéva onpeic M kot O givor Kowd onueio ToV TEUVOUEVOV ETWEI®MV T KOl G,
Gpa M Toun TOV EMIESMV T Kol 6 givon ) evbeion OM.

TOVG oNUEiaL.

1 Amodeiktik] / Xyoiukov / 6gl. 262.

Noa armodeiete 0Tt eninedo Kot KOKAOG, TOL OEV AVIKEL GE AVTO, £XOVV OVO TO TOAD KOWA onUeioa.
Oewpolpe 10 eminedo T Kot Tov KOUKAO ¢. 'Eoto 6 10 eminedo mavm oto onoio Ppioketat o c. Ag
vrofEécovpe OTL 0 € Kal T0 T £govv kowd Tpia dokekpéva onueio A, B, I'. Tote ta A. B, T’
aviKovv 610 ¢ (oo givar onpeia tov ¢). Eniong ta A, B, I' dev givan cuvevBetaxd (apov ivat
onpeia tov KOKAoVL ¢).

Enopévmg to T kot to 6 £xovv kowvd Tpia dtakekpiuéva Kot pn cuvevbetokd onpeia, ta A, B, T,
omote Tavtilovtatl Apa o ¢ BpiokeTal Tavm 6To T, dTomo.



AoV o ¢ kat to  dev Erovv Tpia Kowd onueia, apa Ba £xovv To TOAD VO KOvA onpEia.

2 AmodekTIKI] / yoMKkoV / 6eh. 262.
Noa amodeitete 011 Tpelg evbeiec:

1) av TEPvovTaL avé 000 Y®pic va dEpovTal amd o 1010 onpeio, TOTE elvan Guvenineded,
11) av TEPvovTaL ové 000 Y mpic va eival cuverinedes, Tote O1EPYOovTOL Amd TO 1010 onpeio.
Avon

‘Eoto ¢, €,, €, oLtpelg evbeieg mov téuvovtal avd dvo. Oa amodeiovpe Ot :

(). Avoug,e,, g dev o¥pyovtar and to id10 onpeio, TOTE O1 €, €,, €, &lvar cvveninedeg.
(B).  Avou g, eg,, g deveivar cuveninedeg, TOTE O1 €, &,, €; dNEPYovToL and To 1610 onpeio.
Etvar @oavepd o611 o1 mpotdoelg (a), (B) eivor aviiBetoavtiotpopec, dpo €ivor 160OVVOLEC.
Enopévmg av amodeitovpe v (o), avtdpata govpe anodeifet ko (B).

‘Eoto A 1o onueio topng tov €, &,, B 10 onueio topng tov ¢,, &, kot I' To onpueio topng tov
€5, €. TOotem g etvaun All, n g, etvaun AB koun g, efvoun BI'.

Kotapynv ta onueio A, B, ' dev tavtiCovron. Eniong eivat dtapopetikd ava dvo (av tavtilovav
m.y. ta A, B, 101 Oa Towrtilovtav ot g, €,, €;, dtono). Exiong ta A, B, I' dev eivon cuvevbeiaxd
(ov ta A, B,I' ftav cuvevlewoxd, t0te ot g, €,, €, Oa tavtilovtav, dromo).

Apov ta A, B, T elvat un cvvevBetakd onpeia, t0te opilovv éva eminedo, £6T® TO 7.

Apov ta A, B etvar onpeio tov m, dpo n AB eivar evOeio tov T, dOni. n g, eivon gvbeia Tov 7.

Oupow o1 g, €, etvar ev0eieg Tov m. Apa ot g, €,, €, elvol cuveninedeg (aviKovy 610 ).

3 AmodekTiki] / yolkov / ceh. 262.
Atvovton 000 acvpPateg evbeieg €1 kot €, 000 onueia A kot B oty €; kot 600 onueio I' ko
otV €2. Na amodeifete 6TL 01 evbeieg Al kot BA eivan acOppatec.

Ac vobécovpe 011 ot gvbeieg Al xor BA Ntav ovpPoatés. Tote vrapyet eminedo m, maved 610
omoio Bpiokovrot kat ot dvo. Tote ta onuaia A, B, I', A givat onpeia tov emmédov .

Agpo? ta A, B etvar onpeia tov m, dpa ko n gvbeia AB, onA. 1 g, , Bpioketon mdvew oT0 7.
Ag@o? ta A, B etvar onpeia tov , dpa kain evbeia AB, k. n ¢, Ppioketar ndve 610 .

Agov ot g, &, Bpiokovtar Tévem 610 T, dpo eivor copPatég, dromo.
Enopévmg o1 gvubeieg AT koau BA tav acvpPoartes.

4 AmodeikTiKi] / Zyolkov / ceh. 262.

Atvovtot ot mapdAinieg petod toug evleieg €, €, Kot ot evbeieg €, €, T€T01EC WOTE M KAOE
o vo etvot ooOpPatn Kot Le TNV €, Kl pe v €, . Na katockevdoete evbeio mov vo Tépvet Kot
T1G T€60EP1G evbeiec.

Avon
Enedn ¢,//e,, vrapyel eninedo n méve oto omoio £ €4
Bpiockovtar kot o1 dvo. Emedn n €, eivor acvpParn ko _
ETNV €, KOLUE TNV €,, TOTEM €, O TEUVEL TO T G Eva Ely 2
w 1 n 25 3 [ A B r/ A




onpeio A. ' tov 1610 Aoyo 1 g, Ba tépver To T oe onpeio B.
Oewpovpe v evbeia AB, 1 onolo t€pvel Tic mapdrinieg €, €, ota onpeio I', A. H AB eivain
{nrovpevn gvbeia.

EYOVE HOVODIKT AVOoT).

5 AmodekTikn / XyoMKov / ogh. 262.

Na arodeiEete 0TL av Tpila enimeda TEUVOVTOL VA VO, TOTE O TOUEG TOVG O1EPXOVTAL Omd TO 1d10

onpeio N etvarl mapdAAnies.

‘Eoto g, n topn TV m,,7,, €, N TOUN TOV T,,T,, € 1 TOU| TOV T,,T,.

Awkpivovpe T1g €E1G TEPMTOGELS :

(D. Ot g, &, (mov etvon gvleieg Tov ;)
tépvovtal 6to onpeio O. To O eivan
onueio g evlelog g, apo Kot

onueio tov m,. To O givon onpeio g
gvleiog &, , dpo xar onpeio Tov T, .

Enopévog 10 O eivan kowvd onpeio
T0vV m, T,, onote Pploketor MV

TNV TOUN TOV m, T,, ONA. TOVO

oTNV &,.
. . . , Zyua 1 Zynuo 2
Enopévog to O givar kowd onpeio

TOV €, &,, &, 0MA. 01 g, €,, & O1EpYOVTAL 0O TO 1d10 oNpEio.

D).  Ouvg,, g, (mov elvor gvbeieg Tov 7, ) etvar TopaAiniec.
Tote n g, elvor mapddinin oy ¢, ywti : Av ot g, g, Téuvoviav oe éva onueio A,
10T€ T0 A 0oL jTay KOV ompeto Twv my, m,, m;. TOte and 1o A Oa mepvovoe ko &,.
Apa ot g, &, Oa téuvovtav oto A, dromo, ywri vmoOécape OtTL ov g, g, &etvar
TapAAANAEG.

€1
AcKnegic mapaypdaeov 12.4. /

1 epmédmong / Lyoiwko? / oeh. 265 €2
r r Ié r Ié 4 \

And onpeio O va Kataokevdoete eninedo TapIAANAo 6€ 30O

acvpPoateg evbeiec €1 K €.

Avon i
Amo 1o onpeio O pépvovpe Tic evleiec ny // €1 ko, // 5. O1 764112

N1, N2 opilovv eninedo n. Enedn €; // ny, apa € // n. Eneidn
& // M2, Gpo & // m. Emopéveg 1o m givor to {nrovuevo
emimedo ko eivatl povodko.

2 gpédmong / Lyolkov / oeh. 265



Na kataockevdoete gvbeia €, mov dEpyeTaL omd YvwoTo onueio A,
elval TapdAANAN o€ docUEVO €Mimedo T OV deV TEPIEXEL TO A Kot G
tépvet evbeia &, Téuvovca 1o .

Amd 10 onpeio A pépvooue eninedo T // . Enedn { téuver 1o m (610 A
I'), apa Ba téuver ko 10 T, é0T® 0TO onueio B. Dépvovpe v
evbeio AB, n omoia etvon  {nrodpevn ko eivor povadik).

3 gpnédmong / Lyolkov / oeh. 265

Na koataokevdoete gvbeio €, mov eivar mopdAAnAn oe doouévo
emimedo m kol téUvel Ov0 AGAlec acvuPoateg evbeiec, o1 omoieg /
TEUVOLV TO T.

Amd 10 onueio A pépvoupe eninedo T // m. Enedn € tépvel 1o m (610
B), dpa Ba tépver kot 10 T, 6T 610 onueio I'. Dépvovpe v gvbeia
AT, 1 omoia eivon  {nrovpevn.

Emneon to onueio A pmopet va entheyel Katd dmelpovs tpOTOVS, TO
1010 1oyVeL Kot Yy 1o eminmedo Ta Ko yuo Tnv evbeion AB. Emopéveg
10 TPOPANUA EMOEYETAL ATELPEG ADGELC.

4 gpnédmong / Lyolkov / oeh. 265
Av pia gvBeia eivar mapdAAnin oty tour dvo emmédwv, TOTE £ivat
T

TaPpAAANAN oto 000 emineda 1 aviKeL o€ £va omd oVTA Kot givat
TAPAAANAT GTO GAAO.

-~

>
e~
2

‘Eoto m ka1 T dvo eninedo mov tépvovtal katd v gvbeia € Kot

evbeia €//e. Awaxpivovpe Tig NG TEPMTAOCEL :
(D. 'Eotw 6t n gvbeia € dev téuvel kavéva and to emineda m 5

kat T.. Tote € elval mapdAinin mpog v gvbeia € ToL T,

dpa etvar mopdAAnin mpog to m. Emiong m & elvan e A
TapAAANAN Tpog TV gvbeio € Tov T, dpa eival TapdAAnAn ’
TPOG T0 T. e =

II). ’Eot® 011 m gvbeio € £yel kowvd onueio (€otmw to A) pe to
(1) n X npeio ( ) 1 VN o

eninedo m.. Tote n € elvar mapdAAnin mpog TV € amd TO
onpeio A tov . Apan € gtvan evbeia Tov .

(ITT).  "Eotm 6t n gvbeia € £xel kowd onueio (€0t 10 A) pe to emimedo 1.. ToOte M € givan
TaPAAANAN TPOG TNV € amd 10 onueio A Tov t. Apan € eivar gvbeia Tov 1.

Enopévmg n € eite elvar mapdAinAn ota dvo emimeda N avikel o €va amd avtd Kot sivot

TAPAAANAT GTO GAAO.

G
5 epmédmong / Lyorlkov / oeh. 265 e

Av 000 tepvopeva emineda OEpyovial avtiotoryo amd 000 TOPAAANAESG
evbeieg, T0tE M TOU TOV EMTESWV £lval TOPAAANAT GE AVTEG.

N,




‘Eoto € kot n 6vo mapdiinies evbeieg mov mepéyovtal ota enineda m kot 1. ' Ectm eniong 611 Tal
T KoL T Tévovtal kotd v gvbeia L.

Emedn € // n, dpa 6o eivar ko € // t. Enedn € // 1, dpa Oa givor ko g // C.

Enopévogkane // {, mi. € // {// .

6 epmédmong / Lyorwkov / oel.

265

(D. Oewpodpe eminedo T Ko
evbeia &//m. No amoderybel
ott Oho to emimeda mOL
nepvave oamd gvbeia &
TEUVOLY TO T KaTO gvOeieg
TAPAAAAE PETAED TOVG,.

(I).  Oewpovue emimedo T Ko
evbelo & mov téuvel 10 T .
Na amoderyBel 011 0ha T enineda mov mepvdve amd tnVv gvbeia & téuvovy t0 T KOTd

(D). 'Eoto o6 eninedo mov diépyetar amd v & kot tépvel to T kotd v evbeia €. O &, € givan
TapaAIieg (o1 &, € givar gvbeieg Tov 6 Kot av €Tévovto, TOTE T0 KOO Tovg onueio Oa
avhke kot otV & Ko 670 7T, dromo yoti & // ).

Eneion and v & dépyovion dmepa enimeda, dpa to £XIMEON AVTA TEUVOLY TO T KOTA
TapAAANAeS Tpog TV & evbeieg, omdTe elvan ko peta&h Toug TapAAANAEC.

(I).  "Eotw 6111 & tépvetl to m 610 onpeio A. Tote onmoloonmote eninedo 6 SiEpyeTar amd v &,
Ba d1pyeTon kot omd To A, ONA, T0 A Ba givar Koo onpeio Tev T, 6. Apa 1 TOUN TOV T,
o dpyetar and to otabepd onueio A.

7 epmédmong / Lyolkov / oeh. 265
And onpeio O va katackevacOei eninedo mapdAinio ce doouévn gvbeia €.

oV € mov opyeton and 1o O. Ta emineda m Kol to TEUVOVTOL

katd v gvbeia {. Tote (/e (yuti av ot gvbeieg £ ka1 € Tov T < /O/ >
tépvovtay og onpeio M, 1ote 10 M Oa fytav Koo onpeio g € Kot \/
TOV T0, ONA. TO TOL OgV Ba TV TAPAAANAO GTNV €, ATOTO). T

€. Tote kéBe eninedo T mov dEpyetar amd ) § givor To {nrovpevo /

eninedo (apov eivar € // §,, Oa etvar kat & // 7).

&xel amepec AMHGELC.

8 eumédmong / Lyorlkov / oeh. 265
Amd doGpéEVO onpeio va koTaokevdcete evbeia TapdAANAN G€ dVO TEUVOUEVA ETITEDA.



T OToi0 TEPVOVTAL Kot TV €vBeia &.
Oewpovpe Toyaio onueio M tng gvbeia &, omdte T0 M avikel Ko ota
dvo emineda ¢ kot 1. ATd o M @épvoupe v gvbeia 1 // . Enedn

M onpeio tov 6| | . . . .
/) , Gpa m evbeia n avnkel 6to . [ Tov 1610 AdYO
n//e

evbelo n avrkel oto . Emopévog n gvbeia n eivor  topn tov wT, o,
apo tavtiletor pe & Aeov m // €, apa ko & // g, dnA. n {nroduevn
evbeia efval mapdAAnAn otnv To TOV SVO EMTEIWV.

& evbeio Tov ©

elvarn {nrovpevn evbeia, yoti
e//§

}, omote € // 6. Opowa € // 7.

9 gumédmong / Lyorwkov / oeh. 266
Amd d0GHEVO oMpElD VO KOTOOKELAGETE EMIMEDO TOPAAANAO GE dVO doGUEVES VBeieg

Avon
‘Eoto O 10 docpévo onueio kot &, & ot
doopéveg evbeleg. Awaxkpivoope TG €ENG /&
TEPUTAGELS : &

(D. i1 /] &. & \iz

eninedo, dnAad” oEpyetal amd to O e >< &
ko gtvarw // & // €. Torte, av and 10 0 &
T

O oépo v evbeia € // & // &, oot [ 1
Ba BpiokeTon Tdvo 610 EMimedO .

10 O pépvm Vv evbeia g // &1. Emednq w // &1, 1 &) givar eubeia tov . T Tov 1610 Adyo
av and 10 O eépm Vv gvbeia &, //. &, avtn Ba givat evbeia Tov m. Emopévag to eninedo n
tovtiletar pe 10 (£1,52).

70 {nTovuEVO PHOVaOIKO eminedo, YTl efval TapdAANA0 Kol GTNV €1 KO GTNV €.

10 epmédoong / Lyohkov / ceh. 266

Atvovion tpelg tuyoieg evbeiec €, € kol €, ot omoieg eivar avd ovo acvuPates. Na
KOTOOKEVAGETE EMIMEOO G) TOL VO TEPIEXEL TNV €] KOl EXIMEOO G2 TOV VO TEPEYXEL TNV €2 TETOL,
MOCTE M TOUN TOV 61 KO G2 VoL vl TopdAANAN otV €.

TOV 0moiwV 1 TOUN M £ivot TopAAANAN HE TV €.
Emedn n € etvat mopdAAnAn mpog tnv gubeio 1 tov 61, Oa givar € // 1.



Me 6pot10 tpomo € // 6.

Amd toyaio onpeio A; g €1 (Gpa KoL TOV ETTESOV G1) PEPVOVLLE
mv evbeia &, // €. Enedn € // 61, n & Bploketor 610 €ninedo 6. 1|, &
Eniong and tuyxaio onueio A, ™g € (Gpo Kol 1oV €MTESOV Gy) 8 % .
eépvoope v evbeio & // . Emedn € // o2, n & Pploketar oto Al
eMinedo o;. Az

&i//e. Bewpovpe 10 eninedo 6 = (g1, §1). Amo Tuyaio onueio A, g 1e |, o1
& @épvoope v &Ef/e. Oewpovpe to eminedo 62 = (&2, &). Ta N
enineda 61, 6, etvar ta {ntovpeva yuti :
 Tlepiéyovv 16 €1, &2 avTioTOYQ.
s Enedn mv & /e (1) kar & // € (2), Oa eivar ko &; // &, omdte cVup@va pe Ty doknon 5
EUTESWONG / ZyoAlkov / geX. 268 1 Tounq N T®V 61, 62 B ravn// &1 // & (3). Ano tig (1),
(2), (3) &xovpue 6TLN/ /€.

1 Amodeiktik] / Xyoiwkov / 6el. 266
Av A, B, I', A givar 1€c0epa onpeia mov dev avikovv oto 10 €mimedo, TO GYNUO. TOV
aroteAieitor omd o vBHypappa Tppoata AB, BIL, TA kot AA Aéyetar otpefid TeTphmievpo
kal yphoetor ABI'A. No amodeiEete 011 ta péco Tov TAevp®V oTpePAOD TETPATAEDPOL £ivar
KOPLOES TAPUAANAOY POV,

‘Eoto K, A, M, N ta péoa tov AB, BI', T'A, AA.

. N péco tov AA )
Y10 tpiyovo ABA : , omote NK // AB (1) «o

K péoco tov AB

NK = A2—B Q).

M péco tov I'A

Y10 tpiywvo I'BA : { }, ondéte MA // AB (3) «ot

A péco tov I'B

MA = % (4).

And 116 (1), (3) ovumepaivovpe 6Tt NK // MA (5). Eniong and t1g (2), (4) cvumepaivoope 0t
NK=MA (6). Ano6 115(5), (6) cvunepaivovpe 6t1 to0 KAMN givon mapaiinidoypappo.
Hopampnon. AxpiPog 1o 1310 coumépacua oYVEL KAl Y10, TUXOLO TETPATAELPO TOV EMUTESOV.
MdaMota Exovpe ToV 1010 TPOTO ATOEIENC.

2 AmodekTiKI] / yolkov / ceh. 266

Atveton otpePro tetpamievpo ABI'A wat M, N onueio et
, . , AM AN
tov AA kot AB avtictoyya tétown, wote —— =——.
MA NB
anodciEete 011 To emineda (M, N, I') kot (A, B, I') tépvovron
katd evbeio TapdAinin otnv AB.

10



etvart MN//AB. Ta enineda (M, N, T') kot (A, B, I') €yovv xowd onueio 1o I'. Apa tépvovral
Kot evbeia € mov diépyetar amd to I'. Tote pe Pdon v doknon S epnédwong / Xyorikov / GeA.

268 0o givar AB//MN//«.

3 AmodekTiki] / yohkov / ceh. 266

Ye otpePro tetpdmievpo ABI'A, ta péca TV amévavtl TAEVPAOV KOl TO HEGH TOV dy®vimy

opilovv vBhypappo TupaTo T 0Toie dTYOTOUOVVTOL.
Abon

Oewpope t0 otpefrd TETPATAELPO

ABTA. Ta A, A, T Bpiokovion cg

A
éva emtimedo katta A, B, I' og dA)o. /N
i N péoco AA K
Y10 tplyovo AAT : ) s | A
M péco AT B
M A

ondte NM // AI' (1) xou NM =%

r
()
. K péoco BA
Y10 tpiyovo BAI ,

A péco BI

onote KA // AT (3) kow KA = % (4).

And tic (1), (2), (3), (4) mpoxvmtel 6t To KAMN givon maparinAidypappo. Tote ot dorydviol tov

dyotopovvrat, OnA. ta gvd. tunpata KM, AN €yovv kowvd péco (5).

. N péco AA , AT
Y10 1ptyovo AAT ) ,omote NZ // AT (6) xou NZ =— (7)
Z péco AT’ 2
, H péco BA AT
Y10 1plyovo BAT' ] ,omote HA // AT (8) kar HA =— (9).
A péco BI

And 115 (6), (7), (8), (9) mpoxdmter 6T1 T0 NZAH givon napakknkoypauuo. Tote ot daydvioi Tov

dyotopovvral, OnA. ta gvd. tunpata ZH, AN €xovv kowd péco (10).

And 15 (5), (10) mpokvmter 611 o €vb. Tuuoata KM, AN, ZH éyovv kowd péco (omA.

dyoTopovVTaL).
[Hopampnon. Akpifdg 10 1010 cLUTEPAGHO 1oYLEL Kol Yy Tuyaio
TETPATAEVPO TOV EMTEOOV. MAAMGTO £XOVLE TOV 1010 TPOTO AMAOEENC.

4 AmodeikTiKi] / Zyohkov / ceh. 266

Av A, A', A" givan onpeia guBeiag € kar B, B, B” givor onueia evbeiag &,

omov ot gvbeieg € Kat & ivar acHuPateg kot 1oydet AN = B—H (1), tote 01
AIA” BIB”

evbeieg AB, A'B’, A"B" givar mapdAinieg oe éva eninedo (avtioTpo@o Tov

Oewpnpatog tov Oain).

Ot gvbeiec AB, A'B’ glvar acOpPatec, yarti : Av frav coppotég, tote Oa
oplav 1o eninedo (AB,A'B’). Ta onpeia A, B, A’, B’ o avikav oto eninedo
avtd, omote ko ot AA’, BB’ Ba avikav ce avtd, oni. ot g, & Ba "Mrav
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CLVETINEDES, ATOTO.

2OUPOVO LE EPUPUOYT TOV ZYOMKOD VITAPYOVV HOVOOIIKE EMimeda 7T, T’ TOL TEPIAAUPAVOLV TIG
AB, A'B’ avtiotoya kat givon mtopdAinia. Eniong and 1o A" eépvovpe eninedo n'" // m // n', t0
omoio vmoBétovpe Ot téPvel v BB’ oto A. Tote, amd to Bedpnuo tov Oair, oydet
AA" BB’ ).

A'A" BA

BB =E < B'B"=B'A, ondte ta onueio B, A tovtifovrot

B'B" B'A

Emopévog to B” gival onpeio tov n”.

Apa ot AB, A'B’, A"B" avikovv ota emineda m, m', m'° avtictoyya, mov eivor petad tovg

napdAinia, onote ot AB, A'B’, A"B"” eivar mapdiinleg oe £va eninedo.,

Amd 115 (1), (2) éxovue Ot

1 XovOeTn / Zyoikov / 6gh. 266

Av ABI" ko1 A'B'T” etvar 0o tpiymva mov PBpickovtol 6€ SopopeTikd entneda Kol EMmAEOV avd
800 o1 TAeLPEG TOVG eivat TopdAAniec, dndadn AB/A'B’, BI//B'T' xar AT'//A'T’, tote o1 gubeieg
AA', BB' xou I'T" 6épyovror amd to 1010 onueio M eivor mapaiinies. (Avo tétola tpiywva
Aéyoviot opoAOYQ).

Enedy  AB/A'B, BI/BT', AI//AT', é&ovpe (A:A’ﬁA+A’=180°) Kat

(B=B'%B+B'=180°) ko (P=T" 4 I +1"=180").

Ot dvo mpwteg oyécelg cuvovdlovral

oG e&fg 0,0’
A=A’ ) A=A’
.. il ..
B=B B+B’=180° =
A+A' =180° A+A’_180° i
A T] o B A . - \T
B=B B+B = 180
o Amd mv 1n nspmroaon TPOKVTTEL
ot ABFzABF’ (1). A
A+A'= 1800 r
e H4"nepintmwon '
B+B = 1800

amokAgieTot Yt av TpocOEGov e KOTd LEAN TIC OVO GYEGELS, TPOKVTTEL OTL
A+A'+B+B =360" < A+B+T+A' +B +I["=+1"+360°
< 180° +180° =T +1"+360° < T+I"=0°,4tom0.

e H2"nepintmwon ywpiletar otig €£NG GVO VIOTEPTTOOEL :

A=A
A A = ! A A
> B+B'=180° {. Eneid { o },éxovug ABI'~A'B'T’
P -
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A=A
> B+B'=180"!. [IpooBétovtag katd pEAN TG OLO TEAEVLTOUEC GYECEIS E€YOLUE OTL
I+1"=180°
B+B +T+1"=180" +180° < 180" —A+180° - A'=180"+180° < A =0", drono.
Emopévac og kGbg mepinntmon £yovpe AIA31“ ~ A’ﬁ’ I
o Ano v 3" nepintwon TpokHmTEL OO0 OTL A]A3F ~ A']§T' .
BI' TA

A A AB
Emopévec amodeifope 611t ABT ~ A'B'T", ondte = = =L
A'B" BT T'A’

Awkpivoope T1g €E1G TEPMTOGELS :

s A#1. Yrnobérovue yopic BAaPN ™ yevikotntag 6Tt A < 1 (av A >1, 1018 avtioTpéPovE TO
KAAopata Kot £xovpe miAl Adyo pikpotepo tov 1).
Tote AB <A'B" ka1 BI' <B'T". Tote oto eninedo (AB,A'B") ot AA’, BB’ tépvovton oto O
(av frav maparinieg, tote T0 ABB'A” Ba tov maparinidypappo pe AB = A'B’, onote
A=1, dromo) Opowa o1 BB', I'T" téuvovror oto O. T va amodeiEovpe 611 01 AB, A'B’,
A"B" cuvipéyovv, apkel va amodei&ovpe 0t Ta O, O Tawtilovat

OA _ OB _ AB ol O'B _ orT _Br

OA’ OB' AB" OB OT BT

A A A A
Apob OAB~OA'B’, OBI'~OB'T’ eivan

OA OB AB
OA" OB A'B
. OB OT Br . ., OB OB OB O'B
Amo 115 = = TPOKVTTEL OTL = = = , OM
OB’ OT" BT’ OB’ OB’ OB'-OB O'B'-0'B
AB _ BI
A'B" BT’
B ‘B
oB = OB < OB=0'B, ondte ta onueio O, O tovtifovrot.
B'B B'B
A A AB=A'B AB//A'B’
% A=1. Tote B_BL 1T =1 < {BI'=BT' } Emedn sivor ko < BI'//BT’ ¢, 10
A'B" BT T'A’
TA=T"A’ TA//T'A’

ABB'A’, BIT'B, TAAT givan maparinroypoppo, ondte AA'// BB'//TT”.

2 XovOetn / Lyohkov / ogh. 266

Av ABI kot A'BT glvat 600 tpiymva mov Ppickovrol 6e S1apopeTikad enimeda Kol EMTAEOV, Ol

mievpéc AB kar A'B' tépvovion oto onpeio 'y, ot BI' ko BT tépuvovtat oto A ko or A" ko

A'T" tépuvovrtar oto By, tote:

1) to onueio Ag, By, I' elval cuvevBetoxd ko

1) ot gvbeieg AA’, BB’ kot I'T" di€pyovtor amd to 1610 onueio M eivar mapdriinies. (Avo
TETO0 TPLYy@VO AEYOVTOL OLOAOY Q).

1) ‘Eoto 7 kot 6 ta eninedo ndvo ota onoia Bpickovrotl ta tpiyova ABI kat A'BT . Av A
elvarl 10 onueio topng tov BI, BT, 16te 10 Aj €ivan onpeio tov @ (yuori n BT givon
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evbelon Tov m) ko Opowr 1o A; eivan

onpeio Tov 6. Apa 10 A; Bpioketal movem

oTNV TOUN & TOV T KAl G.

Opow ta By, I'y Bplokovtar mhve otnv

TouN & TOV T KAl G.

Enopévog 1o onuein A, Bj, Ty eivan

ocvvevbewokd (Bpickoviot méve otny §). r
11) Ot BI" ko BT tépvovton oto A; dnA. ot

BT ka1 B'T" Bpiockovtal tdve 6to eninedo

(AII'B, AiI''B"). Opowr ot AI' kar AT’

tépuvovtal oto By onmA. ot A" ko AT’

Bpiockovtal whvew oto eninedo (BiI'A, BiI"A"). Erniong ot BA kot B'A’ téuvovtat 6to Ty

onA. ot BA ka1 B’A’ Bpickovton méve oto eninedo (I AB, I''A'BY).

‘Etol, obpugovo pe v anodeiktiky doknon 5 §12.3, ot gvbeieg AA', BB' kot I'T'

d€pyovtar amd to 1010 onueio N elvarl mopdAANAES.

3 XovOetn / Lyohkov / gl 266

Atveton gvbeia € kot 600 Tuyaio onueia A kar B extdg avtc, dote o1 gubeieg AB ko € va givat
acvpPates. Av I' tuoyaio onueio g €, va Bpebel 0 yeoperpikdg tOmog T0v PapdKEVTPOL TOV
tpry®vov ABI.

‘Eoto Z to péco tov AB, n dudpecog I'Z tov tprydvov ABI kot G to
) 1
Bapvkevipo tov ABI. Torte §=§ Oewpolpue emiong to emimedo

=(Z,¢).

, , . G 1 , , .
X’ avtd to eminedo etvan ST-3 omote, and TOV YVOOTO Y.T. TNG

Enumedoperpiog, o {ntovpevog y.1. eivar gvbeia & tov m mwopaAAnAn

omv e pe d(Z,8) = %d(Z,s)

AcKnegic mapaypdaeov 12.5.

1 Epntédomong / Lyolkov / oeh. 271
Na arodeiEete 0Tt pia gvbeio kKo éva eminedo kdbeta otnv 1010 vbeio eivarl TapdAinia 1 6TL TO
eninedo mepiEyel v vbeia.

Avon
Oewpodpe v evbeior & ko v gvbeio € L & o100 onueio O kot to 0 o
. . , , , 3

eninedo T kabeto oV & oto onueio A. Oa amodeiovpe 0tL € // 7. /
Oewpolpe 10 eninedo o = (g,§), T0 omoio TEUveL T0 T KaTA TNV €VBeia 1, /
N onoia mpopavag dEpyetal and to A. Erewdn & L @, dpa n L &. Z10 A

€
eminedo o gival { J—i} Apa € /m. Enedn € //m, dpa etvar kan € // 7. N T

n

g

Bpioketar mavm oto .
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2 Epnédomong / Xyorwkov / ogh. 271

‘Eoto ABI wookehég tptywvo, M to péco g Baong BIN kot AN gvBOypappo tunpa kabeto oto
eninedo tov Tpry®vov. Na anodeifete 0TL

1) n evbeia MN givar kaBetn omv BT,

1) n BT eivat ké0et oto eninedo (A, M, N).

Avon
(D.  AM dudpecoc tov 16. tpryavov ABIT (AB = AlN), dpa AM eivon N
, , AN _.lmn , ,
Kot Oyog, oni. AM L BI'. Eivaw , omOtE amd 10
AM 1 BT' =
Beopnua TV Tprov Kabétmv etvar kot NM L BI'.
B[ LNM) | , , P M
(ID). , omoTe 10 eminedo (A, M, N) mov mepiéyet Tig
BI' L AM P B

NM, AM eivar kaBeto ot BI'.

3 Epnédmong / Xyorwkov / ogh. 271

Na amodeitete 0t av 000 gvbeieg eivar opBoymvieg, TOTe VIAPYEL EMIMESO TOL TEPIEYEL TN L0 KO

elval kaBeto otV GAAN, Kot avTicTpoa.

(D. Ymobétovpe 0t o1 gvbeieg €, & elvar opBoymviec. Oswpolpe e n
mv Kown kdBetn OA tov €, & 6mov O onueio g € Kot A
onpeio g M. Oswpovpe 10 eninedo m© = (OAE). Enedon n €

elvar kaBetn oty evbeia OA tov T kol opBoydvie oTnv o .
evbeio & tov m, givar € L m. Apa amodeiape OtL vIAP)EL 0 A
eminedo mov mepEyet ) & kot eivon kbBeTo oTNV €. . A

(D. Ymobétovpe O6t1 vdpyel eninedo m mov mephapPavel v &
Kat tvor kaBeto oty €. Eneidn n € givar kabetn oto m, dpa
elval opBoyawvio og k4B evbeia Tov m, dpa Kol otV &.

4 Epnédomong / Xyorwkov / ogh. 271
Na katackevdoete gubeia & mov dEpyetar and onueio O, givor mopdAAnAn ce eminedo T Kot
opBoydvia o gvbeia € Tov .

opBoydvia pe v evbeia € Tov .
Oewpodpe tvyoio enimedo o mov dEpyeTon amd v gvbeio & Kot
TEUVEL TO EMimedo  Katd v vbeia 1.

______________ o

dyetor amd to A kot givor kKaBetn oty €. Oswpovpe to eninedo 6 = (O,n). And 10 O Pépvoupe
oto ¢ evbeia & // n. H & etvan n {nrodpevn evbeia, agod mAnpol OAOEG TIG ATOTNGELS TOV
TpoPAnuaToc.

/1l
Enedn & // m, Oa etvar & // . Emeidn é n , Gpo
& opBoymvia pe v €

Ba etvaun L €. Eniong n n t€uver v € oto A.
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LOVOOIKN.

1 Amodektik] / Xyoiwkov / 6gh. 271
‘Eoto (K, p) évag kokrog, AK gubBOypappo tuipoa kébeto oto eminedo m tov KOKAov kot M
Toyoio onueio tov kKOKAOL. Na arodeiEete Ot1 1 evbeion AM eivar KABetn otV €QATTOUEVT TOV

KOUKAOV 670 onueio M. A

dépvovpe v KM kot v gpantopévn € tov KOKAOL oto M.
Ene1on n KM eivat axtiva mov aviictotyel oto onpeio emaeng g

evbelog €, etvar KM Le.
Eneion {AK + n} , Gpa, amd to Bedpnuo TOV TPLOV KaBETOV, ’
KM Lg .
npokvnTEL OTL AM L€, M
T

[Hopampnon. Mg t Bonbeia tov Bempnpotog TV TpLOV KoOETOV
UTOPOVLE VO ETEKTEIVOVE TPOTAGELS TOV EMUTEIOV GTO YDPO.

2 AmodekTiki] / yolkov / oeh. 271

And to kévipo M opBoywviov ABI'A @épovpe v gvbeia € kdBetn oto eninedo Tov ophoywviov.
Na amodeiEete 6t M gvbeia mov opileTat amd o TVYOi0 oNpeio ¢ € Kat to péco N g AB eivon
ké0Betn otnv AB xou opBoyadvia otn T'A.

Avon
‘Eoto X onueio g €. 1o opboydvio ABT'A givan Al =
BA, omote %=% < MA=MB, oniA. t0 tplyovo 2

MAB egivat 1cookerés. 1o 1600keAEC Tpiyovo MAB 1 MN
elvai d1bpecog, dpa eivar kot vyog, dNA. MN L AB. Eneion

XM L n . , , . A
, amd t0 Oeopnuo TOV TPUOV KOOETOV
MN L AB
npokvntel 6Tt B givarl ko XN L AB.
Enedn >NLAB| >N e Boyd A
TEL , Gpa etvat opBoydvia pe T .
il TA//AB pamn pooy Hem r

3 AmodekTiki] / Zyolkov / oei. 271
Ye eminedo m Pépovpe KOKAO dwpéTpov AB kot éotm M tuyaio onueio Tov kKOKAOL. PEpoupie,
emiong, 1o TuNpa AX, kdBeto oto eminedo m 610 A, 10 TEUNHA A" KGBeTO GTNV €VOEiRL XB oto I’
katr to tufpo AN xdBeto otnv evbeio M oto N. Na s
amodeiEete OTL

i) SMB =90,

ii) YA’ =XM-IN=3B-3II,

1i1) ta tptyovo ZI'N kot XMB eivar dpoa,
iv)  IIN=90°,

V) n XTI eivar kaBetm oto eninedo (N,I,A),
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vi)  TI'NA=90°,
vil)  va Bpebel 0 yeopeTpikdg TOTOC TOL onpeiov N, av 10 M Kiveital otov mapamdve KOKAO.

Eivor AMB =90°, ®G £YYEYPAUUEVN TTOV Paivel G MUIKVKALO.

) ) AX 1=
1) Etvon
AM L MB

11) 10 opBoymvio Tpiyovo AZM (A =90° ywti AX L 7, omote ko AX L AM) 10 AM eivan
vyog, Gpo TA* =XM-IN.
10 opBoyavio tpiywvo AXB (A =90° ywti A L m, omdte kor AX L AB) 1o AT givon
vyoc, apa TA* =3B-3T.

}, omdte XM L MB, dnh. SMB =90°.

M I 52
1i1) And mv XM -EN=2B-2[' & §=ﬁ Eniong X =%. Apa ta tpiyova XI'N kot

>MB givai 6po1o.
A A A A
iv)  Emewdf SN~ XIMB, dpo XI'N = ZMB =90°

A A

V) Eivor LI'N=90°, onéte X' L I'N. Eniong XI' L T'A (0gpod AT vyoc tov ABX).
Enopévog ZI' L (N,I',A). Apov ZI" L (N,I,A), dpa

Vi) Enewon X' L (N,I',A) kot AN evBeia tov (N,I,A), apa 1 AN givor opboydvio pe m ZI.
Eniong AN L XN. Eropévog AN L (Z,I',N), Ba etvar AN L I'N, onA. I'NA =90°.

vil))  To eninedo (I',N,A) eivor kdbeto oty gvbeio XB oto otabepd onueio e I'. Apa to
eninedo (I',N,A) eivar otabepd. Xto (I',N,A) ta A, I’ eivan otabepd wot I'NA =90°,
omote 10 N Kiveitatl otov kOKAo emimédov (I,N,A) pe dwbpetpo AL (Ot yemp. T0mOC)

AcKnegic mapaypdaoov 12.6.

1 Epnédomong / Xyohkov / oeh. 274
Noa Bpebei 0 yeopetpkdg T0m0g TV oNueimVv £vOG EMESOV, TO. OO0 1IGATEXOVY At dVO onueia
7OV OEV AVIKOLV GE AVTO. A

Bpioketar oto pecokdbeto eminedo o tov AB. Eneion eniong to M 0
Bpioketarl oto eminedo 7, dpa to M Ppioketal mdvew otV TopuN € TOV
EMMES®V T KOL . ‘ ‘

AvtioTpo@o. OAol 01 TOPATAVE® 1GYVPIGUOT AVTIGTPEPOVTAL, OTOTE O B

Eniong, av ta 6, m tavtiCovrat (avtd cvpPaivel 6tav 10 6 givor to pecokdbeto eminedo tov AB),
101€ 0 ¥.T. €lvan 10 G.

2 Epnédomong / Xyorkov / ogh. 274

Atvovton dvo onueic A kot B kot gubeia €, acouPatn pe mv AB. Na Bpeite onpeio M ¢ €
11010, ®GTE TO Tpiyvo ABM va givat 1cookelés.
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Adon

MA=MB, t0 M Bpioketal 610 pecokddeto eminedo m tov A
AB, ondte givorm topr| Tov T, €.

TOV T, TOTE £XOVUE AMEPES AVGELS.

M €
3 Epnédoong / Zyohukoo / oeh. 274 /

Na anodeilete 0t k0be gvbeio € mov TEUVEL TAAYL €va emtinedo m eivon KABetn oe pio povo
evbeia Tov . (IIpo@avag gvvoel va Yivel Kol 1] KATAOKEL)

Abon
‘Eoto A’ n mpoPoin tov A oto eninedo © kot B to onpeio oto omoio n € téuvel 1o . And 10 B
QEpVE TO eminedo ¢ kabeto oty gvbeia €. 'Eotm & 1 toun tov
EMMEOMV T KL G.
H & elvain {nrodpevn gvbeia, yiori :
A@ov € L o, apa n € glvarl kdBetn oe kaBe gvbeia Tov G, omdTE
elvar kot e L &, omAadn n & etvor n {nrovpevn gvbeia.
Opwg n € gtvor n povadkn evbeia Tov T wov gival kabetn oty &,

........... |

’

T
ywri : Emedn { }, Ba etvar kot A'B L & Opwg n & eivan

AB1E&
N povadkn gvbeia tov m mwov ivar kAt otnv A'B.

4 Epnédomong / Xyolkov / ogh. 274
‘Eocto eninedo m, evbeia € Tov kot A onpeio ektodg Tov . Na Bpeite 10 YEOUETPIKO TOTO TNG
wpofoAng A’ tov onpeiov A 6to eninedo T, OTOV TO T TEPIGTPEPETAL YUP® OO TNV €vbeial €.
Avon

‘Eoto A" n mpoPoinr tov A oto T Ko 610 eninedo (A,e), N A'B L €. To B givan 6t00epd onpeio
AA'ln
ABle
kaBétov mpokvmtel 0TL AB L €.

. |ABLe
Eneion

™m¢ €. Emedn { }, and 10 Osdpnuo TOV TPUOV

ABleg
Kk60eto otNV € oto oTabepd onueio B, omdTe Kou O EMinedo o
elvat otabepd.

>10 6 n AB o¢aivetar and to A" pe opOn yovia. Apa o y.1.
0V A’ givar 0 kKOKAOG dtapétpov AB Tov enutédov .

}, dpa 10 eminedo (BA,BA") = o eivan

5 Epnéomong / Xyoikov / ceh. 274
Atveton eminedo m, onueio A tov 1 kot onpeio O extdg Tov . Na Bpeite 10 yewpeTpkd tOmO TG
wpoPoAng Tov onpeiov O oTig evbeieg Tov T TOL TEPVAVE OO TO oNuEio A.
Avon
Oewpovpe v tpofoin O tov O oto 7, nA. OO” L .
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fo0' L
OM 1l¢

} , 0o 0 Bedpnua TV POV KabETwv Tpokvmtel 61t O'M L

€. Emopévag oto enimedo m 1o eubuypappo tunpo O'A «paivetory and

€
1o
10 M pe opOn yovia. Eropévoc to M PBpioketar mhveo otov KOKAO °° Q
dwpéTpov O’A tov emmédoL . \ ‘
A
T

Apa o {nrovpevog v.1. eival o KOKAog dtapéTpov O’A tov emmédov .
Hopampnon. Me m PBonbeia tov Bewpripatog tov TpOV KaBETOV PTopoVUE Vo ETEKTEIVOVUE
TPOTAGELS TOV EMTEIOV GTO YMDPO.

6 Epnéomong / Xyoikov / cei. 274
Atveton eminedo m, evbeio € Tov T Ko onueio O ektdg Tov 7. Na Bpeite 10 YeEOUETPIKO TOTO NG
wpoPoing Tov onpeiov O otig evbeieg Tov T OV £fval TOPAAANAEG GTNV €.

Eneion etvor ko OO” L 7, and 10 Bempnpuo tov tpiov kabétmv
npokvntel 0Tt O'M L ¢”. Eneidn €” // €, o etvar kar O'M L €, dnA.
10 M Bpioketar mve ot otabepn gvbeia & mov dyetor and 10 O

K6Oetn oTNV €. MZ
Avtiotpopo. Emewdr] Ohot ov woyvpiopoi oto gvbd eivar 7 : €
aVTIOTPENTOL, dpa 0 {NTOvUEVOG Y.T. fvar 1 gvbeia €. §

Hopampnon. Me m Ponbeia tov Bewpripatog TV TpLOV KaBET®V PTOpoVUE Vo ETEKTEIVOLUE
TPOTAGELS TOV EMTEIOV GTO YDPO.

7 Epnéomong / Xyoikov / ceh. 274
Na Bpeite 10 ye@UETPIKO TOTO TOV CNUEIOV TOL YDOPOV TOV IGATEXOVY OO TIS KOPLPESG EVOG
TPLYOVOV.

o TpOTOC.
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Bpioketor mdve o eninedo .

‘Eoto O 1 mpofoir) Tov M oto eninedo .

Ta opboyovia tpiyova OMA, OMB, OMI givat ica (AOy® g (1) kot yati OM kown). Apa
OA = OB = OI, onA. 10 O givar to mepikevrpo tov KOKAov. Emdpévac to tuyaio onueio tov v.1.
avikel oty gvbeia € mov eivon KABETN 6GTO T GTO MEPIKEVTPO TOL TPLYMDVOVL.

B tpomoc.

‘Eoto ABI 1o tpiyovo. Ta onueio Tov y®dpov mov canéyovv and to dkpo tNng mAevpds AB
aviKovv oto pecokdBeto eminedo tov AB. Emiong, ta onpeia mov wwoanéyovv amd ta dkpa g
mievpdg B eivan oto pecokabeto eninedo tov BI'. Ta 6vo enimeda tépvovror oe gvbeio & d10TL
elvar kdBeta og VO TepvOpeveg gvubeieg, Tig AB kat BI'. Ta onueia tng evbeiog & icanéyovv kot
amd TIG TPELS KOPLPEG TOL TPLYOVOL. Apa kol To pecokdbeto eminedo otnv Al mepvdel and v
&. H evbeia & eivon kdBetn oto eminedo tov tprydvov, d10tin & givat opboydvia otig AB kot BT
Ot topég TV pHeGOKABETOMV EMIMEd®VY e TO EMIMEOO TOV TPLYDVOL Eivor

ol pecokdBeteg otig mievpéc AB kat BI' tov tprydmvov. Apa 1 gvbeia &

nepvael amd to mepikevrpo tov ABT kat givar o {nrovpevog y.1.

Hopampnon 1: X1o0 eninedo to mepikevrpo O givar o onpeio toung tov

A
TPUOV UECOKADETOV TOV TAELPOV TOV TPLYMVOL KOl IGATEXEL OTO TIG A

Tpeic KOPLEEG TOL. XN ZTepeopeTpio, «kat’ ovaroyiov» ta onueia mov B v r
WGOTEXOVY Ao TIS KOPLOES TOV TPLY®dVOL Ppiokoviol oty kbetn
010 (A,B,I') 610 onpeio O.

Hopampnon 2: ¥10 eninedo 10 £ykevrpo O givor to onueio Topng
TOV TPUOV OOTOUMV TOV TPLYOVOL KOl IGOTEXEL OO TIG TPELG
TAEVPEC TOV TPLYDOVOL. XTN ZTEPEOUETPIO, «KOT  avoloyiovy Ta
onueia Tov 1oamEYOLV MO TIS TAEVPES TOL TPLYDOVOL Ppickovrot
omv kabetn oto (AB,[) oto onueio O. Zyetikn eivor kot m

TOPAKATO GoKNOM. B~

Aoxknon. No Bpebel 60 y.1. TV onueiov 10V YOPOL MOV 1GATEYOVY ONO TIC TAEVPES EVOG
tpry®vov ABI.

tpty. ABI' move oto erninedo m xou 1i¢c MK L BI', MA L

Al', MN L AB, étor oote MN = MK = MA. ®épvoupe

eniong ™ MO L & ka1 tig ON, OA, OK.

Enedn MO L &, dpa MO L ON, MO L OK, MO L OA.

Ta opBoyavia tptyova OMN, OMK, OMA eivau ica yoti

n OM eivar kowvn kot MN = MK = MA an6 tnv vrdBeon

tov v.7. Emopévarg OK = OA = ON (1).

Exi MO L=
TN {MN 1 AB

kaBétov mpokdntel 61t ON L AB. Mg tov 010 TpoTOo €ivat
OK L BI'ka1t OA LTA (2).
And 116 (1), (2) ovumepaivoope 6t1 0 O gival to £ykevpo tov Tprydvov ABT.

}, omoTe amd OedpnuUo TOV TPUOV
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toyoio onueio M g € eivon onueio tov y.1. OMA. woanéyel and 11 AB, BI, I'A (apo® 6Aot ot
woyvpopoi 6to VO avticTpEPOVTaL).

Apa 6{ntodpevog v.1. eivar n kbBe 610 emimedo Tov Tprydvov ABIT and £ykevrpo.
Hopampnon: Av avii v «oanégovv ond Tig TAELPES evdg tpryddvov ABI» éxovue Ot
«oOmTEYOVY ATO TOVG POPEIS TOV TAEVPAOG VOGS Tptyddvov ABI, tOt€ 0 v.1. €lval n évoon tov
TEG6AP®V EVOEIDV TOV AyovTtal KAOETEG GTO T (0O T £YKEVTPO KOl T TP TAPAKEVTPOL.

8 Epnéomong / Xyoikov / oei. 274
Na Bpeite onpeio Tov ydpov Tov 1oameE el amd TEcoepo onpeia, avé Tpio pun cvvevOelokd.

Lo

Oewpolpe katapynV o pecokdbeta enimeda my, T2 TV €v0. Tunuatov AB, BI'. Encion ta AB,
BI' téuvovtan, épo kot ta m, m tépvovtal, éot® kotd tnv gvbeia €. Ola to onueio g €
wooméyovv amd to A, B, apov 1 € avikel oto ;. Ola to onpeia g € woanéyovv anod ta B, T,
a@ov M € avikel 6to M. Emopévac ta onueia g € woanéyovv and ta A, B, I'.

Oewpolpe t0 pecokdbeto eninedo T ToL LOLYpAppov TuNpatoc ['A. Ag vrobécovpe 6t T0 TOL
tépvel v € oto O.

Emneon to O aviket oto T, Oa eivar OI' = OA (1).

Emeon to O avikel oty €, Ba efvart OA = OB =OI" (2).

And 116 (1), (2) mpoxdmtel 611 OA = OB = OI' = OA, dnraor| to {ntovpevo onpeio eivar to O.

TPAOTN TEPIMTMOOT TO TPOPAN U givat addvato, Evad ot debTEPN TEPITTMON AVGT OTOTEAODV OLLL
TOL GMUElD TNG €.

9 Epnéomong / Xyoikov / cei. 274
Na Bpeite 10 yeopeTpkd TOMO TOV ONUEI®V TOL YDOPOL TO OMOIN OMEYOVV OTOCTACN A OO
eminedo m.

Oewpovpe toyxaio onueio O tov T Ko t0 otabeponolovpe. And 10 O eépvovpe gvbeio KABeTN
0T0 T Ko Toipvoupe mwive ¢° avtnv ta otabepd onpeic O” kot O
tétolo ®ote OO = 00" = A ko t0o O va Bpioketar otov nuiywpo 1
katrto O otov nuiywpo II.

I

‘Eocto M toyaio onpeio tov y.1. mov Ppioketar otov nuiywpo L
dépvovpe mv MM L w, 1é€1010 dote MM = A. Eivor MM”™ L 7t kot
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MM'//00’
MM'=00"=%r
o poAinAoypappo, otote OM // OM’. Ereidn OM’'L OO, Ba etvar kar O'M L OO’, ondte 10 M
Bpioketar mdve oto otabepd eninedo n” mov dyetan amd to O Kdbeto oty OO".

D)ot o1 mapamdve 16YVPIGHOT aVTIGTPEPOVTOL, 0TTOTE O Y.T. Tov PBpiokeTat oTov Nuiywpo I eivor
10 87:1'7:860 T’

00" L =, omdote MM’ // OQO’. Emedn { }, dpo to O'MM’'O &ivan

Opota o0 y.1. mov Ppicketan otov nuiywpo Il eivon 1o eninedo n”” mov dyetar and 10 O kabeTO

oty OO0".

Telkd o y.1. elvarn évoon tov enmédwv n’, T’

[Hopampnon. O mapamdve y.T. €ival 1 ETEKTOCT TOV AVTIGTOT(O0L g
Y.T. OTO &Mined0, dNA. «O Y.T. TOV ONUEI®V €VOG EMIMEOOV TOL

améyovv and docuévn gvbeia amdotaon A eivat o1 dvo TapdAAnAeg A €
evbeieg & kaim » A

10 Epnédmong / Xyoikov / oel. 274

Atvovton o onpeia A, B, I' koau M, og toyaia 86om. Na Bpeite eninedo mov va d€pyetal and 10

M kot va wonéyet omd ta A, B ko I

‘Eoto © to {ntovpevo eninedo m.

Awkpivovpe T1g €E1G TEPTTOGELS:

(D. To A Bpicﬂcsrm oTOV éval mu’xcopo Kot to B, F oTOV dMo o€ Gxécm LE TO sm'nsSo T.
‘Eoto o 10 eminedo mov Kaeoptgovv ot AA BB’ kot T 10 87[1]1?860 oL Kaeoptgouv ol
AA'TT".
210 ¢ 10 BB'AA’ givar maporinioypappo, omote ot AB, A'B” dyotopovvrat oto K.
Enépévog 1o K givar péoo tov AB kot aviket oto eminedo m (apoveivar onpeio tng A'B”
kat n A'B” eivan evbeia
TOL T.
Opota 10 péco A tov Al
elvat onpeio tov m.
Enopévog ta K, A, M
elvat onpueio Tov .

TovBson . — . Amdden. NA I
Ocwpodue ta péoa K, A N .
tov AB, AI'. Tote 1o M L B /F
elvar 1o {nroduevo eminedo \J/ N
(o)
A

(6A01 ot WGYVPIGHOT
OVTIGTPEPOVTOLL)

(I).  To B Bpioketon otov £va nuiywpo kot to A, I' otov dAA0 G€ oxéon e TO EMINEDO .
Epyalopaote dpoa.

(IT).  To I' Bpiokerar otov éva nuiywpo kat o A, B otov dAAo 6€ oxéon e T0 eminedo .
Epyalopaote dpoa.

(IV). Ta A, B, I" Bpiockovtal otov 1010 Npiympo o€ oy€omn Ue 10 eninedo .
‘Eoto 6 10 eninedo mov kabopilovv ta A, B, I’
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[Hopampnon. H napandve katackeun
givol M eméktaon g avticToymng oto I II
enimedo, OMA. g e&ng: «Atvovtatl ta

n étorwote AA'=BB =TT =\

Ta ABB'A’, ATT"A’ gtvar mapolAnioypappia, onote 1 evbeia & mov kabopileton amd ta
A’, B’ givan mapdAinin pe v AB kou i gvbeio n mov kabopiletar and ta A, T'" givon
TAPAAANAT pe v Al

Enopévmg 1o T mepiéyet T1g tepvopeveg evbeieg &, n Kot cuvenag = (&, 1), T0 omoio eivon
nopdAinio pe 1o o, aeov & // AB koi 1 // AT'. Eriong 1o © mepirapfavel to M.

{ntovpevo (OA01 01 IGYVPIGHOT AVTIGTPEPOVTOL)

onueia A, B ka1 M cg toyxaio 6on. Na

, , s E O : s B
Katookevoolst  evbsioc  mov  va B A

dépyetal amd 10 M kol va 1oamEyel
arnd ta A, By». BeBaing €00 &xovpe dvo avti yio técoepig mepurtoelg @ Ta A, B Bpiokovral
ekatépmbev g evbeiog kot ta A, B Bpiockovion mpog to id10 pépog o€ oyéomn pe v vbeia.

1 Amodeiktikn / XyoAwkov / 6l 274
Av A kot B givor toxaia onueia 6o acOpPatmv evbeiav g kou € avtictora, vo Ppeite to

. , , .. MA , , ,
YEOUETPIKO TOTO TOV onueiov M Yo 1o omoio 1oy Vet B - A, 6ToL A YvooTdg aptBpds.

Awokpivoope T1g €€1G TEPMTOGELS :

(D.

MA
To M egivar ecotepicd onpeio Tov €vh. Tpunqpatog AB, 1é€t010 MoTE VT =A.

Oewpolpe eniong to mopdAinia peta&d Tovg enimeda m, T MOV TEPKEXOLV TIS €1, €2. ATO
10 M @épvouvpe 1o eminedo 6 // m // T, T0 omoio TEUVEL TNV KOV KABETO GTO X. ATo

KX AM KX
Beopnuo tov OaAn €yovpe — =——, OMOTE KO §=X. Emopévog to X eivar

A MB
KX
otabepod onpeio tov KA pe A A.
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(D).

Apa to Tuyaio onueio Tov y.1. BpiokeTal mive 6to 6TadEPS EMNEdO G.

z

(M’e1). To erinedo avtd tépvel to 6 katd v I'A kot to ta katd v EZ. 'Ecto B’ 1o
Kowd onueio tov &, EZ. H B'M" téuver v € oo A’. And 10 0.0. &yxovue
M'A" KX , ., ,

——=——=», on6te T0 M’ givai onueio Tov 7.1.

M'B" ZA

Apa o {ntovpevog v.1. glval To minedo G.

To M givar e€mtepikd onpeio Tov €vh. tunpatog AB. Tote o y.1. eivon T0 eminedo 6™ oL

elval mapdAinAo mpog ta T, T amd to onpeio X’ mov givon eEmTEPKd TOL €VO. TUUOTOC

’

AB tét010 ®ote —— =A.
YA

Telkd o y.1. elvarn évoon Tov enmédwv 6, 6.

TOV T, T. T N

Hopampnon. O moapamdve y.1. €ival o avtictoyog Tov €ENG V.1 "
010 eninedo : KEotom €1, € 0vo otabepéc mapdAinieg evbeieg Tavm
oTlg omoiec Kwvovvtor ta. onueio A, B. No Bpebel o y.1. tov
MA K A c
onpeiov M g gvubeiag AB mov éxovv v 10T TO B A, 6mov [ ]
¢
A otabepdg BeTikdG apOUOoY. z / M
A B ©

2 AmodekTiKi] / Xyolkov / oeh. 274
Na katackevdoete gubeia € mov TERvVEL TpeS acLUPateg avd dvo gvbeieg €1, € Kl €3 o€ onueia

A, B, T avtictotya, ®ote % =L, 6mov A yvootdg apBpoc kot B ecotepikd onueio tov Al



A
Avaivon. 'Eocto ABI' nm evfela mov tépvel tig €1, € kot €3 ota onueio A, B Bl =\A. Eoto
emiong KA n kown xdbetog tov €, €3, 6mov K, A onueia tov €, €.
Oecwpodpe emiong ta mapdAinio pPETaED TOVG eminedo T, T TOL BK T
TEPEYOVV TIG €1, €3. ATd T0 B @épvovpe 1o eminedo 6 // nt // 1, 10 \:l\\

omoio téuvel v Kown kdBeto oto X. And OBedpnuo tov Goin A

o

, KX AB , KX . .
govpe —=——— , omote ku ——=A. Emopévaog 10 X &ivan
YA BI YA :

9

KX ,
otabepod onpeio tov KA pe —=2»A.
A £

onpeio g €; ko A onueio g €3).Ilavo oto KA Bewpodpue 10

onueio ¥ 11010 OOTE g=k. Oecwpovpe emiong to TOPAAANLL

peta&h Tovg EMIMEIA T, T TOL TEPLEYOLV TIG €1, €3. ATO T0 T pEpvovpe T0 eninedo 6 // m// 1. 'Eotw
B 10 K00 onueio Tov m kol g €. N cvvéxeln eEpvoupe gvbeia € Tov dEpyeTan amd o B ko
TEUVEL TIG €1, €3 0T A, I (ue faon v doknon 1 Epunédwong / Zxolko¥ / cel. 265). H € eivoun
, . , . . AB KX
{nrovpevn, yio Tt pe Bdon to Bedpnua tov Oain Exovpe Br = A =

_________________ Av 1 & TEUVELTO G, TOTE TO TPOPANUA OEV EYEL LOVODIKT ADOT).
Av 1 &, BpiokeTon Téveo 610 G, TOTE TO TPOPANUA OeV ExEL AmMEPES AMDGELC.

3 AmodekTiki] / Xyohkov / oeh. 274
Atveton eninedo m kol onueia A, B extog tov . Na katackevdoete onpeio tov @, To omoio va
anéyel and to onueio A kot B amootdogig p kot v avtictouyo.

B

dépvovpe 1ic AA” L m xow BB” L n. 'Eoto 611 (AA") = d xon
(BB") =s.
‘Eoto M to {ntoduevo onpeio. 1o opboyavio tpiyovo A'MA

epoppudlovpe 10 I10. : AM’=p’—-d* & AM=4p’-d*.

Enopévmg to M avrkel 6tov kOKAO (A',«/uz —d’ ) .
Y10 opBoywvio tpiyovo B'MB epapudlovpe 1o I1.6.
B'M’ =v?> —s* <& B'M =+/v’ —s° . Enopévmc 10 M aviikel 6tov KOKAO (B’,\/v2 —g? )

Apa 10 M mpocdiopiletal wg Topn TV KOKA®V (A',«/uz —d’ ) Kot (B’, v —s’ )

T

T0L KOG, GNUElR TOV KOKAMY (A’,«/uz —d’ ) Ko (B’, v —s? )

1 XovOetn / Lyolkov / cgh. 274
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Na Bpeite to yeopetpikod 16mo TV onueiov vog emmedov m, o onoio PAETOVY VO 0pHN YoVia
dvo onueia Tov o€ Ppickovial 610 eninedo

Oewpovpe To pEco M tov AB kot 1o gv8. tupa OK L . 'Eotm 611 (OK) =d ka1 (AB) = .
2

~ AB
‘Eotwo M toyoio onpeio tov v.1. Eivww AMB=90" < OM—— = OMz—% =

2 2 42
o OK2+KM?* =2 o kM2 =2 ¢ & KM= VW —4d” ' -4

= — = 2
4 4 2
[ .2 _ 4 2
ONA. 0 y.T. eiva 0 KOKAOG LK’MTd .
Hapompnon. Aev glvat avaykn vo ypayovpe Kot To avticTpoeo,

AoV TPOYMPNCALE LE 1G0SVVOLIES.

Hopampnon. Av {ntodcape o y.T. TOV GNUEI®V TOV YOPOL T
omoia BAEmovv vd opbr| yovia to gvb. TuMpe AB, 10te Ba iyape ™ ceaipa dwpétpov AB. H
TOUN QLTS TG oPaipas e To eminedo eival o {nroduevog v.1.

M
2 XovOetn / Xyohkov / ogh. 275
Na Bpeite ™ pikpodtepn kot N peyoldtepn omdctoon onpeiov
r A
N

A omd ta onpueio vog KOKAOL, Otav T0 A 0V OVIKEL OTO EMIMESO
TOL KOKAOVL.

Y10 tpiyovo OA’ M Exoope AO-OM <A'M<A'O+OM <
AB+p-p<A'M<A'O+p & AB<AM<AT (1))
Avon g doxnonge. Dépvoupe v evbein OA’, n omoia
TEUVEL TOV KUKAO oTa onpeia B, T

Eivat AB<AM <AT < AB’<AM’<AT? &
& AB +AA? <AM? +AA” <AT? +AA” &

& AB’<AM? < AT & AB<AM<AT.
Hopampnon. Ymdpyer avtictoyn avicdHtto otnv
Enwmedoperpio, mov eivar 1 ovicommta (1) xo
TEPLYPAPETOL GTO TPADTO YN LLOL.

3 XovOetn / Xyohkov / ogh. 275
Na katackevdoete eninedo mov va mepvdel amd gubeia € kol vo 1oaméyel amd dVo onueion A Ko
B ext6¢ g €.
Awkpivovpe TiC s8hC teputdoe.
(D. Ta A B Bp{cKovrm SK(xrépoaOav OV smnéSOD T TTOL (xvaCntof)ps
éﬁﬁgia-%oung tov AB kot A'B’. Ta tpiyova MAA’, MBB gtva opeoywvw Kot ica. Apa
MA = MB, onA.to M givau péco tov AB.
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=(8,M) To eninedo 7 givat o {nrodpevo ywti av Bewpricovpe t1ig AA” L © xon BB L,
10te AA' L A'M, BB' LB'M.
Svykpivovpe T oph. tpiywva B'BM, A’AM. ‘Exoov MA=MB A'MA =B'MB, ondte

A A
B'BM=A"AM.Apa AA"=B B’, dn\. ta A, B wwanéyovv amno o 7.
EMinESO OV dpyeton amd Vv € glvarl dektd. Av 10 M dev givar onueio g €, 10TE 1O
TPOPAN LA EXEL LOVAIIKT) ADO.

A B

(I). Ta A, B Bpiockovton 6to 1010 npeninedo 5
o€ OYEON HE TO EMMEOO T TOL OLVOL- A
{nrovpe.
Avaivan. Eoto © 10 {ntovpevo emimedo e
pe AA'L n, BB'L @, 6mov AA'= BB'. B’ A B’
Oewpovpe 10 eminedo ¢ = (AA’, BB"), M g
7ov téuvel 10 T katd v A'B’. Emedn - = T n
AA'B'B &givar maparinAdypappo, apa
AB // A'B’. Enopévacg Ba sivar kot AB B
//m.
And toyxaio onueio T g & pépvoope v £ // A'B’. Tote givon ko £ // AB. Toéte 10 @
kaBopiletor amd v € kKot amd v TapdAAnAn € g AB and tuyaio onueio T. To m eivar
otabepo.
20vheom. And toyaio onpeio T g € pépvovpe v { // AB. To {ntovpevo eninedo eivat 1o
7 = (C,€), ywati 0A01 01 TPONYOHUEVOL GLALOYIGHOL OVTIGTPEPOVTOL.

Hopampnon. H tapandve kotackevn eival n enéktoon g avtiotoyng oto enimedo, ONA. G

e€ng: «Atvovtar o onueion A, B kot M og toyaia Béom. Na katackevacbHei gubeio mov va
dépyetar amd to M Ko va 1oaméyel omd c
ta A, B». BePaing edm €govpe dvo avti I I

Yoo técoeplg mepumtooelg - Ta A, B
Bpiokovrat ,SKOL‘L'épO)GSV ™mg 81,)981'0@’ Kot S B
ta A, B Bpiokovtatl mpog 10 1010 pépog B A

o€ oyéon pe v gvbeia.
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Na Bpeite 10 yeoperpwd 10m0 TV onueiov M 100 ydpov, Yy To omoio 1oYVEL 1| GYEOoM
MA? —MB® =¥, 6mov A kot B 6tafepd onpeia kot A 6tadepd uikoc.

Avon
Enedi MA® —MB? =22 > 0, 4po. MA > MB. /
Avarvon. Ecto M toyaio onueio tov y.1. Dépvovpe v

MN L AB. Ercdr] MA > MB, 6a givon kar NA > NB.

‘Etol, av O eivor 10 péco tov AB, t6te 10 N givan N_Q o A

B
eootepikd  onueio  tov  OB. Emiong éyovue \
{MAz = MN>+NA "

MB? = MN + NB? } - Me agaipeon komd pekn exovps /

6Tt MA? —MB? = NA? —-NB?. Onog MA> -MB? = X2,
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onote sivar NA> —NB* =X < (NA+NB)-(NA-NB)=X < AB-(NA-NB)=} <
2

< AB:[(NO+OA)-(OB-ON)|=¥ < 2:-AB-ON=} < ON=27“

Enegion, to AB

otabepd €vb. Tupa, dpa to N givar otabepd onueio kot 1o M PpiokeTton 610 6T00EPO QWTO

eninedo mov givar kaBeto otnv AB oto onpeio N.
2

. 210 N maipvoopue

10 K&Oeto eminedo m otnv AB. Tote 10 TLYO{O oNueio M tov 7 givar onpeio Tov y.1. yloti : Av
MA? = MN® + NA*®
MB? = MN? + NB?
Kot pén éxovpe 6Tt MA> —MB’ = NA* —NB’ < MA’-MB’ = (NA + NB)(NA-NB) <
}\‘2

Hopampnon. O mopamdve Y.T. €ival 11 ETEKTOCT TOV OVTIGTOLOV
Y.T. 010 €mimedo, ONA. 0 e&€ng: «Aivovror ta otabepd onueia A, B.
Na Bpedei 0 y.1. Tov onusiov M pe v 1819mte. MA> —MB* =2’
omov A otabepd €vb. Tppay. O v.1. givon gvbeio kKaBetn oty €. To
Oépo avtd pmopet va avtipetonicOel kKo pe 1o B Bsdpnuo TV
SWUECOV.

eépovpe tao MB, MN, MO, MA, Ba givar MN L AB kot { } Me apaipeon

< MA?-MB?=AB-2-ON < MA?-MB’=AB-2-

= < MA?-MB? =22,

~]

5 Xovletn / Xyolkov / ogh. 275
Na amodeitete Ot Yo va givor opfoydvia dvo tpuqpota AB ko I'A mpénetl ko apkel va givot:
A’ -TB’=AA’-AB’.

(D. Ac vmoBécovpe 6Tt T AB, T'A givor opBoyovia. Tote, oopeova pe v doknon 3
Eunédmong / Zyohkov / cel. 273, vrdpyel eninedo m mwov mepiEyel v AB kat gival
ké0eto oty I'A ot0 onueio M. @épvovpe 1ig MA, MB mov givat kaBeteg oty 'A (apov
'A L m).

Y10 opBoywvio tptyovo MATD epappoloope to I1.6. :
AT? = AM® + MI".

Y10 opBoyovio tpiywvo MBI epappodlovpe 10 I1.6. :
BI? = BM® + MI. £
Me apaipeon Katd pEAN Exovue :

AT —BI'* = AM? —-BM” (1) B
Y10 opf. tptyovo MAA eeopudlovpe to I1.6. : [T /
AA* = AM* + MA’.

Y10 opb. tpiyovo MBA epapudloope t0 I1.6. A
BA’ =BM’ + MA®. r
Me agaipeon Kot PHEAN TOV TOPOTAVED GYECEMV EXOVUE
61t AA’ —BA’ =AM’ —-BM® (2)

An6 11c (1), (2) ovunepaivovus 611 TA* —TB® = AA” — BA?

(I).  AgvmoBécovpue ot ™
/ B
28 /

A

o<
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A’ -TB’=AA’-BA’ < TA>-AA’=TB’-BA’ (3)
Awokpivovpe TG €€MG LTOTEPUTTOGELS :

5 ) 2 ) , AA=AT
(Ilm). TA"-AA"=IB"-AB"=0. Tote B

}, omote ta. A, B Bpiokovrat oto

pecokdBeto eminedo g I'A. Apa AB, I'A opBoydviec.
(IIB). TA’>—AA’>=TB’>—-AB’>0.Tote AT > AA (4) xar B[ > BA. (5).

And ta A, B @épvovpe tic kébetec AM ko AM” mpog v I'A. Oa givar kot
MI>MA (6) kot M'T > M'A (7), Moym tav (4), (5).

; AT* = MA?* + MI™
Etvon

AN = MA® + MA’

AT? —AN =MI" -MA’ < AT’ -AN =(MT'+MA)(MI'-MA) <
AT* — AN =TA(MI'-MA) < AT? — AN’ =TA[(MO+O0TI')- (OA—-OM) ]|
AT? —AN =2-OM-TA (8), 6mov O 10 péco tov T'A.
Me 1oV 1810 Tpdmo éxovpue B> —BA* =2-OM'-TA (9).
And g (8), (9) xar v (3) mpokdmrel 2-OM-TA=2-OM"-TA = OM =0OM’,
on6te OM = OM’. Enopévemg ta onpeio M, M” tavtiovrat.

Apov MA kot MB givar kd0etec oty I'A, dpa opifovv eninedo  kabBeto otn I'A
oto M. Tote AB, I'A opBoymvieg.

(Ily). TA>-AA’=TB’-AB’<0.Opotw
Hopampnon. Yrdpyet avtictoymn npotacn otnv Exuedopetpio : Ot popeic tov gvb. tunpatov
AB xo1 A tépvovrat kéGOeta av kot povo av TA* —TB* = AA* —AB’.

}. Me agaipeon katd péAn mpoxvmtet Ot :
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Na amodeitete 6trav A, B, I', A téocepa onpeio mov dev eivat cuvenineda Kot 0V0 amd ta (evyn
tunudtov (AB, T'A), (AT, AB), (AA, T'B) eivar opboyovia, tote Kou 10 Tpito Cebvyog sivan
opBoydvio.

Ymobétovpe 0t ta (AB, T'A), (AT, AB) givan 6vo Cevyn opBoydviev tunudtov. Oa amodeiovpe
ot kot to (evyog (AA, I'B) givar opboymvio.

Eneion ta (AB, T'A) givor opboydvia, coppova pe v mponyoduevn Goknomn £yovpe OTL
I'A®-TB’ =AA* - AB® (1).

Eneion ta (AB, T'A) givor opboydvia, coppova pe v mponyoduevn Goknomn £yovpe 0Tt
I'A*-TB’ =AA* - AB® (1).

Eneion ta (AL, AB) eivar opBoydvia, coppova pe v mponyoduevr Goknomn £yovpe OTL
AA’ —AT> =BA’ -BI” (2).

[pocHitovpe kot puédn tig (1), (2) : TA*~TB* +AA* —AI” = AA> —AB’ + BA” —BI”?, dpa
I'A’ —-TA* =BA’ —BA’, omdte pe PAon ThAt TV TPONYOVUEVH GOKNGOT TPOKVTTEL OTL TO (EVYOC
(AA, I'B) givar opBoymvio.

7 Xovletn / Xyolkov / ogh. 275
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Na amodeitete 6t av ABT'A gival otpefAd tetpdmievpo, 10te T €51 pecokdbeta eninedo oTIg
TAEVPEC KOl TIS Oty @VIOVG TOL TETPATAEVPOL HEPXOVTOL ATtO TO 1010 onpueio.

Oewpolpe katapynV o pecokdbeta enimeda my, T TV V0. Tunuatov AB, BI'. Encion ta AB,
BI' téuvovtan, épo kot ta m, m tépvovtal, éot® kotd tnv gvbeia €. Ola to onueio g €
wooméyovv and to A, B, apov 1 € avikel oto ;. Ola to onpeia g € woanéyovv and ta B, T,
a@ov M € avikel 6to m2. Emopévac ta onueia g € woanéyovv and ta A, B, I'.

Oewpolpe t0 pecokdbeto eminedo T ToL LOLYpAppov TuNpatoc ['A. Ag vrobécovpe 6t T0 TOL
tépvel v € oto O.

&)

Emeon to O aviket oto T, Oa eivar OI' = OA (1).

Eneon to O aviket oty €, Ba etvart OA= OB =O0I" (2).

Amd 116 (1), (2) mpoxdmrel 611 OA = OB = OI' = OA.

Ene1on OA = OB, to O avrkel 610 pecokdBeto eminedo tov AB.
Ene1on OB = OI', 10 O avnkel 610 pecokdbeto eninedo tov BT
Eneion OI' = OA, 10 O avrkel 610 pecokdbeto eninedo tov I'A.
Ene1on OA = OA, to O avnkel 6to pecokdbeto eminedo tov AA.
Eneion OA = OT, to O avrkel 610 pecokdBeto eminedo tov Al
Ene1on OB = OA, 10 O avrikel 610 pecokdBeto eminedo tov BA.
Apa ta £€1 pecokdbeta emineda d1EpyovToL amd To 010 onpeio, to O.

cs(poupu on)rn Bo owpyxeton amd ta A, B, I, A, dnA. eivon n mepryeypappévn oceoaipa tov
tetpasdpov ABTA.
Eivoin enéxtaon tov mepryeypappiévou e tpiy@vo KOKAOL GTO YDPO.
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Atveton eminedo m, gvbeia € Tov 7 ko onueio O extdg tov . 'Eotw M tuyaio onpeio g € kot
eninedo kabeto oty OM oto O. Na anodeilete 0TL Ta emineda 6 d1EpyovToL and otabepd onpeio
TOL T.

Oewpolpe 1o enimedo T mov kabopiletar and v gvbeia € Kot to onueio O. Ta enineda © Kot T
TEUVOVTAL TPOPAVOS Katd v gvbeia €. Amd 10 onpueio O pépvoovpe v kdBetn gvbeia & mpog To
eninedo T, n onoia T€UveL T0 eminedo T 610 otafepd onueio K.

‘Eoto M tuyaio onpeio g €. Tote 1 OM givan evbeia tov t. Emedn & L 1, dpa & L OM.
dépvovpe tmpa 10 eninedo 6 kdBeto oty OM oto O. Emedn eivor kar § L OM., dpa 1 gvbeia &
OVIKEL 6TO €MiNEdO G.
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Ene1on to K givar onpeio g & ko m & ivar evbeio tov o, dpa to K givar onpeio tov 6.
Eneon 1o K givat koo onpeio tov emmédwv T Kot 6, dpo 1) TOP 1 TOV T Kol 6 SIEPYETOL 0Td TO
otabepo6 onpueio K.

nepintwon mov 1 evbeio &
givar  mapdAindn - oto Ewdum mepintmon
eMimedo 7, TOTE TO EMIMEDO
o Opyeton amd v &§ Kot
TEUVEL TO EMIMEOD T KOTA
mv M /& Emopéveg 6ia ta
emimedo G TEUVOLV TO T
Kkatd evbeleg mapdAANAES
o & OMA. kotd evbeieg
mov  etvor  petagd  toug
TAPAAAAES (ONA. «CLVTPEXOVY KOT® EKOOYNVY).

€
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